A bounded domain DcC" is constructed such that every domain G c C" is a monotone union of biholomorphic images of D.
G c C" can be exhausted by D. Corollary 1. There exists a bounded domain DcC" such that every domain G a C is a monotone union of biholomorphic images of D.
This means that G = \J?.i FS(D), where Fs: D -* G is a biholomorphic imbedding and FS(P) C Fs+l(D) for all s.
The construction of a universal domain allows us also to prove Theorem 2. There exist two bounded domains Dv D2 in C such that each of them can be exhausted by the other but they are not biholomorphically equivalent.
II. Construction of a universal exhausting domain. We use the following notations. If z g C", n > 1, then z = (zv z'), where z' = (z2,..., zn). B(z, r)= {w g C| \w -z\< r); B = B(0,1), the unit ball in C. 3D is the boundary of D. p, q are points on dB, p = (l,0,...,0),q= -p.
Aut(B) is the group of holomorphic automorphisms of B. Information about the structure and properties of Aut(5) can be found in [6] . Proof. (1) First we take a ball of a minimal radius that contains U. Without any loss of generality we can assume that this ball is the unit ball B. One can prove now that dB n 3f7 contains at least two different points f, n.
(2) Now we find a T g Aut(ß) such that Tf = p, Tn = q. T is analytic in a neighborhood B0 of B. We choose now Vs = Ta\W(es) \Fs(U)), <¡>s = F~l ° Ts and Rs+1 is any positive number less than rs.
Properties ( 3. Proof of Theorem 2. ^ was constructed in Lemma 3. One can see that we can require in addition to (3.1)-(3.5) the following: Vs has no isolated points. Actually if we take Vs constructed before and add sufficiently small neighborhoods of its isolated points the closure of the new set will still satisfy (3.3)-(3.5). Now, using this we see that a domain D1 = D can be constructed in such a way that its boundary does not have any isolated points, but D, still satisfies Theorem 1. Let a g Dv choose D2 = Dl\{a).
D2 will also be a universal exhausting domain. Since Dx and D2 both are universal exhausting domains they are mutually exhaustable.
Now we need to prove that D2 is not holomorphically equivalent to Dv If it is, then let F: D2 -» Dl be a biholomorphism. F has a removable singularity at a g dD2. So, F can be uniquely extended to {a) as a holomorphic map. Let F(a) = b g Dx. b g Dx since F is an open map and 3D, has no isolated singularities. Let c g D2 be such a point that F(c) = b. Now if We C\ Wa = 0 are neighborhoods of c and a, respectively, F(WC) n F(Wa) is not empty and open. This contradicts the suggestion that F is one-to-one on D2.
